Chapter 9 


KLYSTRONS 


We have seen in Chapter 7 the deleterious effects that occur in con- 
ventional triodes and tetrodes as the signal frequency is increased. The 
factors degrading gain-bandwidth product and power output in these tubes 
may be divided into two categories: 


1. Circuit Factors 
These include lead inductance, stray capacitance, and power losses 
due to radiation, dielectric loss factor, and resistance. 


2. Transit-Time Effects 
‘These effects occur because of the finite time electrons take to travel 
between electrodes. 


The losses due to circuit factors can be reduced by a judicious use of the 
microwave components discussed in the preceding chapter. On the other 
hand, one encounters certain fundamental difficulties in trying to mini- 
mize transit-time effects. In the triode and the tetrode, it is the cathode- 
to-grid transit time which is the real culprit degrading the high-frequency 
gain and efficiency. One can decrease this transit time by decreasing the 
cathode-to-grid spacing. This approach has been used successfully in the 
Western Electric 416B triode, described in Section 7.4. But as one can see 
from the dimensions of this tube, as given in Section 7.4, it is unlikely 
that the operating frequency could be extended much higher by further 
reduction of electrode spacings. Accordingly, one must seek other means 
for modulating the electron beams in tubes operating at high microwave 
frequencies. 

In the present chapter we shall describe two microwave tubes which 
make use of a second type of modulation called velocity modulation. Veloc- 
ity modulation is obtained by impressing a small ac component of velocity 
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on a de electron beam. This can be done by allowing the beam to pass 
through two grids between which there is applied a small ac voltage. If 
the grids are spaced very close together, equal numbers of electrons emerge 
from the grids in equal intervals of time, but the velocity of the electrons 
has a small ac component. Such a beam is said to be velocity modulated. 
As the electrons travel away from the grids, the faster electrons move away 
from the slower electrons behind them and tend to overtake the slower 
electrons ahead of them. The axial density of electrons is therefore no 
longer uniform, and the beam current passing a point some distance from 
the grids has an ac component. In view of this, it is frequently said that 
the velocity modulation imparted to the beam when it passed through the 
grids gives rise to current modulation farther along the beam. 
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Fig. 9-1 Applegate diagram showing representative electron trajectories. The slope 

of each trajectory is proportional to the electron velocity. Velocity modulation is 

produced at the gap by the changing gap voltage. This results in density modulation 
beyond the gap. 


The velocity modulation is illustrated in Figure 9-1, known as an Apple- 
gate diagram. In this figure, plots of distance vs. time are given for a num- 
ber of representative electrons (24 per cycle). The effects of space-charge 
forces are neglected in drawing the figure. The electrons leave the grids 
spaced uniformly in time, corresponding to the lack of current modulation 
at this point, However, each electron has a slightly different velocity, 


296 PRINCIPLES OF ELECTRON TUBES 


depending on the instantaneous rf voltage between the grids when the 
electron passed through the grids. The instantaneous voltage between the 
grids is indicated on the figure. The slope of a trajectory is proportional 
to the electron velocity. Because of the difference in slopes, many of the 
trajectories converge so as to form electron bunches at some distance from 
the grids. We note that the bunches tend to form about an electron which 
goes through the grids when the voltage is zero and increasing. Similarly, 
the electrons tend to move away from an electron which goes through the 
grids when the voltage is zero and decreasing; this electron locates what is 
termed the antibunch. 

If the ac voltage applied between the grids is of a very high frequency, 
the distance along the beam between maxima and minima in velocity will, 
of course, be very short. This means that appreciable density variations 
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Fig. 9-2 Two-cavity klystron amplifier. 


will appear after the electrons have traveled a relatively short distance 
from the grids. Velocity modulation, therefore, lends itself particularly to 
high-frequency tubes. The two velocity modulated tubes described in the 
present chapter, the klystron amplifier and the reflex oscillator, are gen- 
erally designed for operation at frequencies above 200 Mc. Reflex klystron 
oscillators have been built which give useful output at frequencies greater 
than 100,000 Me, or 100 Ge. 

In both these tube types the beam passes through grids that are an in- 
tegral part of a resonant cavity. If the cavity is excited, the voltage devel- 
oped across the cavity, and hence between the grids, imparts the velocity 
modulation to the beam. Power is extracted from the beam in the case of 
the klystron amplifier by allowing the beam to pass through a second 
resonant cavity. The cavity is excited by the induced currents associated 
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with the beam just as in the case of an external resonant circuit connected 
between a pair of grids. In the reflex oscillator the beam is caused to return 
through the modulating cavity with the right phase so that it adds to the 
excitation energy of the cavity. 

Figure 9-2 illustrates a two-cavity klystron amplifier. In this particular 
example the rf signal is coupled into the input cavity by means of a coaxial 
cable. The output cavity is coupled to the load by means of a waveguide, 
taking advantage of the lower attenuation inherent in waveguide. 

The electron beam is produced by an electron gun of the type shown in 
Figure 4.5-1(a). This is a convergent Pierce gun which produces a small 
diameter beam from a cathode of much larger diameter. Thus, much higher 
beam current densities are available for a given cathode electron-emission 
density than in a triode or tetrode. This allows a large increase in the beam 
power passing through electrode gaps of a fixed area and capacitance and 
hence a large increase in the gain-bandwidth product which can be achieved 
with such a tube.’ The klystron is usually operated with the cathode at a 
negative potential and the other electrodes grounded, for reasons of con- 
venience and safety. 

Since the electrons must travel a considerable distance, the beam is 
prevented from spreading radially, due to the space charge repulsion, by 
applying an axial dc magnetic field. This field is provided by a permanent 
magnet or solenoid, as discussed in Section 3.4. 

After passing through the output cavity, the beam strikes a collector 
electrode. The function of the collector electrode could be performed by 
replacing the second grid of the output cavity with a solid piece of metal. 
However, having a separate electron collector has several advantages. 
First, the collector can be made as large as is desired in order to collect the 
beam at a lower power density, thus minimizing localized heating. If the 
collector were part of the rf circuit, its size would be limited by the maxi- 
mum gap capacitance consistent with good high-frequency performance. 
Second, by having a separate collector, its potential can be reduced con- 
siderably below the beam potential in the rf interaction region, thus re- 
ducing the power dissipated in the collector and increasing the overall effi- 
ciency of the device. It should be clear that the electron beam does not 
extract energy from any dc power supply unless the electrons are actually 
collected by an electrode connected to that power supply. Thus in Figure 
9-2, if a separate power supply were connected between cathode and col- 
lector and if the cavity grids intercepted a negligible part of the beam, the 
power supply between the cathode and collector would be the only one 
supplying any power to the tube. 

It is clear that the two-cavity klystron amplifier has considerable advan- 
tage over the conventional triode and tetrode for microwave signal ampli- 
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fication. Circuit losses are greatly reduced by the use of resonant cavities 
at the interaction gaps and by the use of microwave transmission lines for 
making input and output connections. Furthermore, transit-time effects, 
which limit the high-frequency performance of triodes and tetrodes, are 
largely overcome by the use of velocity modulation. In the following sec- 
tions, we shall take a more quantitative look at the electron interaction proc- 
ess in the klystron amplifier. Later in the chapter we shall describe the 
reflex klystron oscillator. 


9.1 Quantitative Theory of Klystron Interaction 


The quantitative theory of klystron interaction may be conveniently 
divided into three parts, as follows: 


1. The velocity modulation produced by a given voltage at the input 
cavity. 

2. The current modulation at the output cavity resulting from the 
initial velocity modulation at the input cavity. 

3. The current induced in the output cavity by the current modula- 
tion on the beam. 


The first and third parts have to do with the interaction between an 
electron beam and the grids of a cavity. (The region between the grids of 
a cavity is known as the cavity gap.) 


(a) Velocity Modulation Produced by an RF Voltage Applied to the Grids 
of a Cavity 


d The grids of the input cavity are 

Po represented in the equivalent circuit 

| | of Figure 9.1-1. An rf voltage source 

oe a a is shown connected to these grids. 

eee he This voltage source is an equivalent 

Se ee ° source at the grids which replaces 

1 | FLOW the external signal source indicated 

|| in Figure 9-2. As indicated in the 

introduction, this voltage will pro- 

duce a velocity modulation on the 

beam, whose value we shall now 
determine. 

Let the z axis be taken in the 
direction of electron flow, with the 
Fig. 9.1-1 Klystron buncher gap with entrance grid at the position a 0. 
rf voltage applied. Velocity modula- The grids are assumed to be ideal; 
tion is produced on the electron beam. that is, all electrons pass through 
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without interception, and the rf electric field lines are perpendicular to 
and terminate on the grids. 
Although an electron is between the grids, it experiences a force due to the 
rf electric field. This force causes an acceleration, as in Equation (1.1-1). 
dz e 
de = att (9.1-1) 
This equation holds for time-varying electric fields as well as for static 
fields. For the gap in Figure 9.1-1, 


E, = -4 anal (9.1-2) 


where d is the grid spacing, and A sin wt is the instantaneous gap voltage. 
Thus, the motion of an electron is given by the solution to the equation: 


@z eA. 
d= ma ’2 wt (9.1-3) 
Integrating once, we obtain 
dz eA 
qm te mad 008 wt — cos wt) (9.1-4) 


where ¢; is the time at which the electron passed through the first grid, and 
Uo is the de velocity of the electrons entering the gap. The velocity u, is 
given by 





2e 
Uo = ZV. (9.1-5) 


where V, is the de voltage of the electron beam, as in Figure 9-2. Equation 
(9.1-4) gives the velocity of the electron at any instant while it is in the gap. 
To find the exit velocity, we must substitute the time at which the elec- 
tron leaves the gap fort in the above equation. Calling this time é, the 
exit velocity is given by 


A 
u(d) = Uo — (cos wt, — COs wl1) (9.1-6) 


If we assume that the amplitude of the rf voltage A is very small com- 
pared with the de voltage of the beam V,, the electron transit time in the 
gap is very nearly that given by the dc velocity alone. Thus, if ¢, is the 
instant at which the electron is at the center of the gap, 








d 
4h =t,—- ou, (9.1-7) 
and 
d 
h=t+ (9.1-8) 
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If these expressions are substituted into Equation (9.1-6) and if we simplify 
the resulting expression by the use of trigonometric identities, we obtain 
the following expression for the exit velocity: 














eA . wd 
u(d) = uo amd" Ou, (9.1-9) 
If the beam-coupling coefficient M is defined as in Chapter 7, 
sin 5 
M=—* (9.1-10) 
wd 
2 
Equation (9.1-9) becomes 
u(d) = uot eM A ~ sin wl 
= u(1 +5 +— = sin isin ots) (9.1-11) 


M is plotted as a function of the gap transit time in Figure 7.1-2. It is 
unity for zero transit time and drops off for non-zero values of transit time. 


(b) The Bunching Process 


Having discussed the process by which velocity modulation is produced 
on the beam at the input gap, we next consider the mechanism by which 
this velocity modulation causes bunching or current modulation to occur 
in the drift region between the two cavities. 

This bunching process has already been described in connection with 
Figure 9-1, and we shall now seek a quantitative description of the process 
in order to answer important questions such as: What should the spacing 
be between the two cavities in order to achieve a maximum degree of 
bunching? What magnitude of current is induced in the output cavity? 

For the moment we shall neglect the mutually repulsive forces of space 
charge. This approximation is reasonably valid for low-power tubes, where 
the electron density in the beam is relatively small. We shall further assume 
that all motion is in the z direction. Physically, this requires either that 
the space-charge forces be too small to cause transverse spreading or else 
that the electron motion be confined by a strong de magnetic field in the z 
direction. 

The electrons emerging from the input cavity have a velocity given by 
Equation (9.1-11). Since there are no accelerating fields in the drift space 
between the two cavities, each electron moves at a constant velocity given 
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by this equation for its particular value of ¢.. This behavior has been 
depicted in the Applegate diagram of Figure 9-1. 

Assuming a separation | between the centers of the input and output 
cavity gaps, the time of arrival ¢ of a particular electron at the output 
cavity is given by the expression: 


t-t= 


l 
MA. 
u 1 + > V~ sin ot.) 
Let us make the simplifying assumption that the input cavity voltage 


amplitude is much less than the de beam voltage. This will be true in most 
cases, except for some very high power tubes. The second term in the 


(9.1-12) 
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Fig. 9.1-2 Output-gap arrival time plotted vs. the time of departure from the input 

gap for various values of X, the bunching parameter, defined by Equation (9.1-14). 

6 is the de transit angle. For X greater than unity, some electrons leaving the input 
gap at three different instants arrive at the same instant at the output gap. 
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denominator is thus much less than unity, and Equation (9.1-12) can be 
approximately written as 


l MA. 
t-t,= A rag 3 vee ots) (9.1-13) 


or, in terms of radians, 


MA. 
wt — wl, = (a A Sy 7m ot.) 


=6@-—X sin wt, (9.1-14) 


where 6 = wl/u, is the de transit angle between cavities, and X = (M/2) 
(A/V.)@ is a parameter known as the bunching parameter. 

In Figure 9.1-2 are plotted curves showihg output-gap arrival time as a 
function of input-gap departure time over one rf cycle, for various values of 
the bunching parameter. One notes that for values of the bunching param- 
eter greater than unity, the departure time is a multivalued function of the 
arrival time for electrons near the bunch center. However, the arrival time 
is always a single-valued function of the departure time. 

Let us first consider the situation for X less than unity.. The instantane- 
ous current reaching the output cavity can be written as 


i) = 4 (9.1-15) 


where dq is the amount of charge arriving at the output cavity in a time 
interval dt. In Figure 9.1-2 the ordinate and abscissa are proportional to ¢ 
and ¢,, respectively. We see from this figure that the amount of charge 
arriving in a time dt can be related to the corresponding departure time 
interval di, by 


dq = —I,dt, (9.1-16) 


since electrons leave the input cavity evenly spaced at a rate given by the 
de current. The minus sign is used so that J, may be a positive quantity; 
dq is of course negative for electrons. 

Substituting Equation (9.1-16) into Equation (9.1-15), we obtain 


‘ dt, 
a(t) = Lay (9.1-17) 


where the derivative is obtained simply by measuring slopes on the curve of 
Figure 9.1-2. Current waveforms for several values of the bunching 
parameter are shown in Figure 9.1-3. Infinite current peaks are obtained at 
the arrival times for which the curves of Figure 9.1-2 have zero slope. 

For values of the bunching parameter greater than unity, the fact that 
the curve of Figure 9.1-2 is multivalued results in three values of slope for a 
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Fie. 9.1-3 Beam current waveforms at the output gap. For X greater than or equal 

to unity, infinite peaks are obtained at the points corresponding to zero slope in 

Figure 9.1-2. In an actual tube, these peaks though large would remain finite be- 
cause of the space-charge forces. 


given arrival time near the bunch center. This situation is easily handled 
as follows. Since Equation (9.1-16) must include the total tani a 
given arrival time, we must include a term for each of the three departure 
times; thus 


dq = —I, [dtoli + dtolz + atols] (9.1-18) 
Corresponding to Equation (9.1-17), we obtain 
: dt, dt, dt, 
a(t) = -1] at a au - + ad i (9.1-19) 

















Tn each case, the absolute value of the derivative must be taken. Physically 
this corresponds to the fact that the charge increment dq has the same sign 
regardless of the sequence of arrival of électrons. A negative value of 
di,/dt merely indicates that electrons which left the input cavity last arrive 
at the output cavity first; dq always has a negative value. 

The current waveforms of Figure 9.1-3 may be Fourier analyzed to 
determine the fundamental component and the various harmonics. This 
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could be done graphically. However, it is possible to solve this problem 
analytically. We shall proceed with such an analysis. 
The current at the output gap can be written as the Fourier series: 


a(t) = -—I,+ 2 [an cos n(wt — 6) + ba sin n(wt — 6)] (9.1-20) 
where 
1 Ota 
a, = = i A(t) cos n(wt — 9)d(wt) 
Tj 0—« 
and 
1 O+e 
b,=- i, i(t) sin n(wt — 0)d(wt) 
TJ 0—x 


Let us consider first the situation for X less than unity, so that the curves of 
Figure 9.1-2 are single-valued. 

It will be convenient to change the variable of integration from arrival 
time to departure time. Equation (9.1-17) gives us 


i(t)d(wt) = —Id(wto) (9.1-21) 


From Figure 9.1-2, we see that the limits of integration become —z to +7. 
When Equations (9.1-21) and (9.1-14) are substituted into the above 
integrals, we obtain 


Qn = a cos nwt, — X sin wt.)d(wto) 
and 


b, = if sin n(wt, — X sin wto)d(wto) (9.1-22) 


b, is identically equal to zero since the integrand is an odd function of wt. 
The definite integral in the expression for a, is given by a Bessel function:' 


27,(nX) = , | cos n(ool, — X sin cat,)d (cots) (9.1-23) 
Equation (9.1-20) thus becomes 
a(t) = —I, — 21, d, Jn(nX) cos n(wt — 6) (9.1-24) 
n=1 


For values of X greater than unity, the same expression is obtained. This 
is shown in Appendix XV. For small values of X, Ji(X) = X/2andJ,(nX) 





1Reference 9.1, p. 150. 
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_is very small for n > 1. Equation (9.1-24) then becomes z(#) = —J, 
[1 + X cos (wt — 6)] for small X and hence for small input signals. 

Equation (9.1-24) shows that the various harmonics in the bunched beam 

have amplitudes proportional to Bessel functions of order n, where v is the 




















Fig. 9.1-4 Bessel functions of various orders. The maximum value of J; occurs at 
X = 1.84 and is equal to 0.582. 


same as the harmonic. These Bessel functions are plotted in Figure 9.1-4. 
Since the abscissa in this figure is proportional to the transit time between 
cavities, we can adjust either the beam velocity or the distance between 
cavities so as to obtain a maximum amplitude for any of the harmonics. 
For an amplifier, we would make X equal to 1.84 so as to peak the funda- 
mental component at the output cavity. On the other hand, it is also 
possible to use the tube of Figure 9-2 as a harmonic generator, in which case 
we would choose the transit time to correspond to the peak of one of the 
higher-order Bessel functions of Figure 9.1-4. Since these other peaks are 
nearly as large as that of the fundamental, the two-cavity klystron can be 
a very efficient harmonic generator. Of course, the output cavity would be 
tuned to the harmonic frequency. 

Since the electrons become bunched about an electron which passed 
through the input cavity when the voltage across the input cavity was 
changing from decelerating the electrons to accelerating them, the center of 
the electron bunch arrives at the output cavity delayed by the de transit 
angle, but advanced by 7/2. This can also be seen by comparison of the 
phase of the voltage applied to the input cavity with the phase of the funda- 
mental component in Equation (9.1-24). 
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(c) Current Induced in the Output Cavity by the Bunched Beam 


To complete the description of klystron interaction, we must consider the 
current induced in the output cavity by the bunched beam. This problem 
has already been considered in Section 7.1(a), where we have considered 
the current induced by a modulated beam into a load connected between 
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Fig. 9.1-5 Convention for positive in- 

duced current adopted in this chapter. 

The induced current is equal to Af times 

the beam current modulation at the 

center of the gap (in magnitude and 
phase). 


two grids. Although the discussion 
presented in Chapter 7 was applied 
to a tetrode, it might equally well be 
applied to a klystron, where we in- 
terpret the pair of grids to be the 
grids of a re-entrant cavity reso- 
nator. 

We shall find it convenient to 
adopt the conventions for positive 
gap voltage and induced current in- 
dicated in Figure 9.1-5. The direc- 
tion for positive induced current is 
opposite to that used in Chapters 6 
and 7. In microwave tube work it is 
customary to assume that the ac 
component of beam current is posi- 
tive when directed from left to right. 
Thus, the induced current indicated 
in Figure 9.1-5 is positive when the 
ac component of beam current is 


positive. 
From Equation (9.1-24), the de and fundamental components of beam 
current at the output cavity are given by 


a(t) = —I. +t cos af — -) (9.1-25) 


where : 
—21J1(X) (9.1-26) 


and we have substituted 6 = wl/u.. But this is exactly the same type of 
wavelike behavior that was assumed for the beam current density in Sec- 
tion 7.1(a). From Section 7.1(a), therefore, we have the result that the in- 
duced current (with positive direction assumed as in Figure 9.1-5) is given 
by M2i; cos w(t — 1/u.), or in phasor notation we may write: 


l= Moaiye Flv)! 


a= 


(9.1-27) 


where I and ije7%/0)t are phasor quantities representing the induced 
current and the fundamental component of beam current at the gap center, 
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respectively. M2 is the beam-coupling coefficient for the output cavity. 
Simply stated, the induced current is 1/2 times the fundamental component 
of the beam current at the gap center, both in magnitude and in phase. 

This is really a very important result; the induced current is independent 
of the loading of the output cavity. Thus, the modulated beam truly acts 
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Fig. 9.1-6 Path followed by the induced charges associated with an electron bunch 
passing through a cavity. 


as a current source. Figure 9.1-6 shows the path followed by the induced 
charges associated with a single bunch of electrons which passes through 
the output cavity. 

At resonance the phase of the oscillations in the output cavity is such that 
maximum decelerating voltage appears across the output cavity when maxi- 
mum number of electrons is crossing the gap. This follows from the fact 
that at resonance the cavity and load appear as a resistance connected 
between the grids, so that when the induced current reaches a maximum, 
the voltage across the cavity is also a maximum. This explains the transfer 
of energy from the beam to the cavity. 

How much power can be delivered to the output cavity and load from the 
bunched beam? This question can be answered most easily from a consider- 
ation of the equivalent circuit of the output cavity, shown in Figure 9.1-7. 

In this equivalent circuit, L and C are the inductance and capacitance of 
the re-entrant cavity itself, without the presence of the beam. These 
parameters are obtained as discussed in the introduction to Chapter 8. 
Similarly G, is a conductance which accounts for the resistive and dielectric 
losses in the cavity. These parameters determine the cold unloaded Q of the 
cavity, defined by 


Q. = (9.1-28) 
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Fig. 9.1-7 Equivalent circuit for the output cavity and its load. The symbols used 
are defined as follows: 


V = gap voltage 
I = induced current 
C = gap capacitance 
L = cavity inductance 
g + jb = beam loading admittance 
G, = conductance representing cavity losses 
G; = load conductance (as seen from the cavity gap) 


where «, is the cavity resonant frequency in radians. 

The beam-loading admittance is given by g + jb. The parameters g and b 
are functions of the gap transit time. For an unmodulated beam, they are 
given by Equations (7.1-14) and plotted in Figure 7.1-4. Physically, these 
parameters express the fact that for a non-zero gap transit time, some 
energy is exchanged between the electrons and the rf energy stored in 
the output cavity. It is convenient to assume the same parameters for a 
modulated beam. This is a small-signal approximation, useful in predicting 
the small-signal performance of a klystron amplifier. 

In most practical tubes, the output gap transit angle is much less than 7, 
and the susceptive component is capacitive, as shown in Figure 7.1-4. 
Furthermore, when the transit angle is much less than =, b varies linearly 
with frequency, and we may write 


b = wl (9.1-29) 


where C; = g.T'./12. Here g. and T, are defined as in Equation (7.1-14). 
The hot unloaded Q is defined by 


Q LA w(C + C,) 
: G+ 


where w, is the resonant frequency of the cavity with the beam present. Q. 
thus includes the intrinsic cavity parameters plus the loading due to the 
electron beam. It should be noted that for the small-signal approximation 
we are considering, Q.,, is independent of whether or not the beam is velocity 
modulated in the input cavity. Thus it could be evaluated by measuring 


(9.1-30) 
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the characteristics of the output cavity with the beam turned on, put with 
no rf drive on the input cavity.? 

In Figure 9.1-7 the conductance G accounts for the load ecmnceea to the 
cavity. Since the actual load will be separated from the cavity by wave- 
guide, transformers, and various other components, G, is an effective value 
as seen at the cavity gap. It is defined so as to give a correct value for the 
power absorbed for any given gap voltage. The external Q is defined by 


Q. = ef FS) (9.1-31) 
L 


The loaded Q is the Q of the whole circuit of Figure 9.1-7. It is thus given 
by 


_ w(C + Cs) 
WG toes O82) 
From the last three equations, we note that 
1 1 1 
a~Eata .1-33 
a7 0. + 0. (9.1-33) 


The remaining parameters in Figure 9.1-7 are the gap voltage V and the 
induced current J, defined previously. 

To deliver maximum power to the load, we adjust the parameters such 
that 


GL = G. + g (9.1-34) 
and 
wh(C + C) =1 (9.1-35) 
Equation (9.1-34) may also be stated as 
Q. = Q (9.1-36) 





Fig. 9.1-8 Equivalent circuit for the input cavity and the signal source. The 
symbols used are as defined in Figure 9.1-7, with the additions: 


I, = current source representing the rf input signal 
G, = source conductance (as seen from the cavity gap) 


*?Measurements of resonant cavity characteristics are discussed in Reference 9.2. 
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The load conductance may be adjusted by changing the coupling of the 
cavity to the load. The resonance condition, Equation (9.1-35), may 
be obtained by varying the cavity capacitance or inductance. One common 
way to do this is to deform mechanically the cavity to change the gap 
spacing, thus changing the cavity capacitance. 

The equivalent circuit for the input cavity is shown in Figure 9.1-8. Here 
the current source at the right represents the rf input source. The other 
parameters have the same meaning as in Figure 9.1-7, except that Gz is 
replaced by G,, the source conductance. 


9.2 Reflex Klystrons 


The klystron amplifier of Figure 9-2 is an extremely stable type of micro- 
wave tube, where stability refers to freedom from oscillations. In normal 
operation there is no feedback from the output cavity to the input cavity, 
except perhaps by secondary electrons produced at or beyond the output 
cavity which make their way back to the input cavity. In order to make 
this tube oscillate, it is necessary to provide an external feedback path from 
the output cavity to the input cavity. This can be accomplished by tapping 
off a portion of the output power and feeding it back into the input cavity 
by means of an external transmission line. The oscillation frequency and 
power output are then determined by the simultaneous requirement that 
the loop gain be unity and the loop phase shift be a multiple of 27 radians. 
The loop phase shift can be varied by changing either the beam voltage or 
the length of the feedback cable. Of course, if the frequency is varied any 
appreciable amount, the cavities must be retuned. 

For many applications of microwave oscillators, it is necessary to change 
the frequency rapidly. This is most readily done if the oscillation frequency 
can be varied electronically. In the oscillator described above, this can be 
done over a limited frequency range by changing the beam voltage. How- 
ever, varying the beam voltage simultaneously varies the beam power, 
and this results in a larger change in output power with frequency than is 
desirable for most applications. This drawback is eliminated in the reflex 
klystron described below. 

A schematic drawing of the reflex klystron, together with the power 
supply connections, is shown in Figure 9.2-1(a). A potential profile along 
the electron beam is shown in Figure 9.2-1(b). The electron gun injects the 
electron beam through the grids of a re-entrant microwave cavity. The 
electrons then approach an electrode known as the repeller, which is at a 
lower potential than the cathode. The repelling electric field in this region 
causes the electrons to “turn around” and pass once again through the 
cavity grids, but in the opposite direction. The electrons are then collected 
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on the walls of the cavity or other grounded metal parts of the tube. Since 
this tube is a relatively low-power device, the power dissipated in the cavity 
by the incident electrons is not excessive. The broken lines in Figure 9.2-1 
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Fig. 9.2-1 Reflex klystron and its potential profile. (a) Schematic drawing of the 
tube showing the power supply connections. (b) Potential profile along the beam 
from the cathode to the repeller. 


indicate the trajectories of the outermost electrons in the beam. The reflex 
klystron is usually operated without any magnetic field to confine the beam, 
and consequently the beam spreads under the influence of its own space 
charge. However, since the total distance traveled by the electrons is 
small, the total radial spreading is not excessive. 

If we postulate an rf voltage on the cavity grids, the beam is velocity 
modulated during its first passage through the grids. While the electrons 
are in the repeller region, the velocity modulation is converted into current 
modulation, much like in the drift space between cavities of a klystron 
amplifier. When the current modulated beam re-enters the cavity, it in- 
duces an rf current in the walls of the cavity, as in the output cavity of the 
amplifier. This induced current is then the source of output power. The 
gap voltage is also produced by this induced current. Hence, the cavity 
serves a dual purpose; it is both the input cavity and the output cavity 
with feedback intrinsically provided. 

The bunching mechanism in the repeller region can best be described by 
means of the Applegate diagram given in Figure 9.2-2(a). The correspond- 
ing gap voltage as a function of time is shown in Figure 9.2-2(b). Time 
markers are included on the abscissa in Figure 9.2-2(a), marking the 
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Fig. 9.2-2 Electron trajectories in a reflex klystron showing the dependence on the 
instantaneous gap voltage at the moment of departure. (a) Applegate diagram for 
the 12 mode of oscillation. (b) Instantaneous gap voltage. 


instants for which the gap voltage is zero. Figure 9.2-2 (a) shows distance- 
time plots for several electrons passing through the cavity at equally spaced 
intervals during one cycle of the cavity voltage. The electrons start out 
toward the repeller, are “turned around,” and arrive back at the gap at a 
later time. Each electron leaves the gap with a different velocity, depending 
on the instantaneous value of the gap voltage as it passes through. Electron 
B passes through when the voltage is a maximum, and it receives the great- 
est increment of velocity. It therefore penetrates farthest toward the re- 
peller before being turned back. On the other hand, electron D passes 
through when the gap voltage is maximally retarding, thus penetrating the 
least distance and arriving back in the shortest time span. Electrons A, C, 
and E go through the gap when the voltage is zero and penetrate toward 
the repeller an intermediate distance. 

We note that a bunch forms around electron C which initially passed 
through the gap when the voltage was zero and decreasing. Since the bunch 
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arrives back at the gap at such an instant that the voltage is maximally 
retarding, energy is transferred from the beam to the cavity. In the dia- 
gram shown, eight of the electrons are slowed down in their second transit 
through the cavity, whereas only four are speeded up. 

Since the de transit time in the repeller region corresponds to 13 rf cycles 
for the condition shown in Figure 9.2-2, this mode of oscillation is known as 
the 12 mode. Alternatively, a higher magnitude of reflector voltage would 
cause the electrons all to return to the gap in a shorter span of time, and 
oscillation in the 2? mode is possible. This occurs when the de transit time 
corresponds to 2 of an rf cycle. It is not necessary to have the transit time 
exactly ? or 12 cycles; oscillations are possible for slight departures from 
these values, but at reduced power levels and at slightly different fre- 
quencies. It is only necessary that the bunch be so phased that sufficient 
energy is transferred from the modulated beam to the cavity to make up for 
losses in the cavity and load. It is apparent that oscillations are possible for 
transit times corresponding to n + 2 cycles, where 7 is an integer. 

With this much of an understanding of the qualitative behavior of the 
device, we proceed to take a more quantitative look. 

For simplicity, the effect of space-charge forces on the electron motion 
will again be neglected. Because of the relatively low beam current of the 
reflex klystron, this is a good approximation everywhere except near the 
repeller where the electrons are reversing their direction of motion. 

The tube has dc voltages applied as in Figure 9.2-1, with / being the spac- 
ing from gap to repeller. The polarities of gap voltage and induced current 
are taken as in Figure 9.1-5. Assume that there exists an rf voltage across 
the gap given by 


v(t) = A sin wt (9.2-1) 


The exit velocity of an electron is given by Equation (9.1-11), 
u(@) = uf + 3 sin ots) (9.2-2) 


where ¢, is the time at which the electron passes through the center of the 
gap. 

We shall assume that there is a uniform electric field between the repeller 
and the cavity so that the electrons experience a uniform force directed 
toward the cavity while traveling in this region. The resulting acceleration 
of the electrons is given by the differential equation: 


dz € Vot Vro 


em i (9.2-3) 
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This equation can be integrated once, obtaining 


Voit Vero 
dz _ u(d) — o Vow Tae — t,) 


ai (9.2-4) 


where t, is the time at which the electron first passed the mid-point of the 
cavity. Strictly speaking, the exit time from the gap rather than ¢, should 
be used in Equation (9.2-4). 

Let us now find an expression for the time ¢ at which the electron returns 
to the gap. This value is obtained by solving Equation (9.2-4), with 


dz 
since the electron neither gains nor loses net energy in the repeller region. 
We obtain 
2mlu. A. 
=> Sin wt, 


M 
.. Vo + |! + a Vo | 


where use has been made of Equation (9.2-2). Multiplying through by the 
radian frequency, we obtain 


ti—t, (9.2-6) 


Gis of a) + 2 in ot] (9.2-7) 
where 
2mwluo 
o= FV. Va O28) 


is the de transit angle in the repeller region. 

To find an expression for the instantaneous current on the beam as it re- 
enters the cavity, we proceed in the same manner as in Section 9.1, except 
that there is a different relationship between the departure and arrival 
times of an electron, that is, Equation (9.1-14) is replaced by (9.2-7). 
Comparing these two equations, we note that they are identical except for 
the algebraic sign of the term containing the bunching parameter X, where 

MA 
X= 5. vy? (9.2-9) 
The result for the reflex klystron therefore is given by Equation (9.1-24), 
except that X must be replaced by —X. We thus have the following result 
for the beam current injected into the cavity gap from the repeller region: 


i(t) = —I, — 21. Le (- DV alnX) cos n(wt — 6) (9.2-10) 
where use has been made of the identity’ 


3Reference 9.1, p. 128. 
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J,(—2z) = (—1)¥V (2) (9.2-11) 
The fundamental component of beam current is 
ti(t) = 2I,J1(X) cos (wt — 6) (9.2-12) 


In the notation of Figure 9.1-5, the electrons travel from right to left 
through the grids, so that the induced current phasor is given by 


= —2MIJ(X)e* (9.2-13) 


which is —M times the phasor representing the current of Equation 
(9.2-12). . 

The equivalent circuit of the cavity is given as in the klystron amplifier 
by Figure 9.1-7, with one change. The beam-loading admittance is denoted 
by g’ + jb’ instead of g + 7b, since in a reflex klystron the results of Section 
7.1(b) are not applicable. This is true for two reasons. First, the beam 
traverses the cavity twice and on its second transit is highly bunched. 
Second, the secondary electrons due to the beam impact contribute sig- 
nificantly to beam loading. 

The induced current J acts as a current source producing the gap voltage 
V. This voltage in turn is the cause of the original velocity modulation on 
the electron stream. 

When the tube is oscillating in the steady state, we may write 


4 GLE SG (9.2-14) 
where 

G=97+G.4+G. 
and 


; 1 
B=b + of — =F 


The amplitude and frequency of oscillation are determined by the condition 
that this equation be satisfied for both the real and imaginary parts. Let us 
define an electronic admittance by 


I 
Y= -% (9.2-15) 


Using Equations (9.2-1), (9.2-9) and (9.2-13), we have the following formula 

for the electronic admittance: 

2MIJ\(X)e# 
Ac¥ 

I ae Bie d 52-6) 


Y.= 





(9.2-16) 
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At oscillation, this admittance appears as a negative conductance shunted 
by some susceptance. 
The electronic admittance is nonlinear since it is proportional to the 
factor 
2J1(X) 
x 


and X, the bunching parameter, is proportional to the rf gap voltage. This 
factor of proportionality is shown in Figure 9.2-3. As the magnitude of the 
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Fig. 9.2-3 Factor by which the electronic admittance varies with signal level. As 
the signal level goes to zero, this factor approaches unity. 


rf gap voltage goes to zero, this factor approaches unity, and we obtain the 
small-signal value of the electronic admittance, 


2 
it 9 iG-0) (9.2-17) 


When this admittance is plotted on a rectangular admittance chart as a 
function of 6, the de transit angle, one obtains the admittance spiral shown 
in Figure 9.2-4. The admittance starts at the origin for zero transit angle 
and then spirals outward and clockwise as the transit angle is increased. 
Oscillations are possible for values of the transit angle which produce a 
negative conductance which is greater in magnitude than the positive con- 
ductance represented by the load and losses of the cavity. Maximum mag- 
nitudes of negative conductance are obtained for values of 6 given approxi- 
mately by n + 2 cycles, where n = 0,1,2 etc. The electronic admittance 
spiral corresponding to any level of oscillation, that is, for a value of X 


Yes = 
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Fie. 9.2-4 Locus of small-signal electronic admittance Y,, on a rectangular im- 

pedance plot. The locus spirals out from the origin as the de transit angle is in- 

creased from zero. Oscillations are obtained for negative conductances greater in 

magnitude than the total conductance loading the cavity, that is, for points to the 
left of the line —G — jB. 


greater than zero, may be obtained from the small-signal spiral by shrinking 

the spiral radially by the factor 2Ji(X)/X obtained from Figure 9.2-3. 
Equations (9.2-14) and (9.2-15) may be written as 

Y. = —(G +B) (9.2-18) 

We now look for a graphical method of solving this equation so that oscilla- 

tion power and frequency can be predicted as a function of the de transit 

angle 6. For a fixed cavity geometry, the total shunt conductance G may 


be assumed constant over the frequency bandwidth of the cavity. The total 
shunt susceptance may be expanded as 


* 2 
Bag? A eb = Cn - 4) 


= Cre t ole ~ a) & 2CrAw & 260° (9.2-19) 
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where Cr is the gap capacitance plus a capacitance to account for beam 
loading, and Q, is the loaded Q with the beam present, defined in Equation 
(9.1-32). w. is the radian resonant frequency with the beam present. We 
may plot 


= (6 +38) = ~1+20%2| (9.2-20) 


as a function of frequency in Figure 9.2-4. The plot consists of a vertical 
line G units to the left of the origin. Equal increments of distance along the 
line correspond to equal increments of cycles off resonance. As the fre- 
quency is increased, the corresponding value of cavity admittance is found 
at a lower point on this line. By Equation (9.2-20) the frequency range 
between any two values of cavity admittance is inversely proportional to Q:. 

By Equation (9.2-18) an operating point in Figure 9.2-4 is found as the 
intersection of the cavity admittance locus EF and the electronic ad- 
mittance spiral for the particular value of gap voltage. Thus in Figure 9.2-4 
we note that small-signal oscillations (X = 0) are possible at the points £, 
F,H, K, L, and M, and the corresponding values of frequency and 6 may be 
read off. From the values of 8, values of the repeller voltage are determined 
from Equation (9.2-8), given the beam voltage Vo. 

How does one determine the operating conditions for higher levels of 
oscillation? Assume that the tube is oscillating at point E on the chart, and 
the repeller voltage is decreased so as to increase 6 to correspond to the line 
OC. The small-signal admittance spiral has a larger magnitude of negative 
conductance than the positive value of cavity conductance. Hence oscilla- 
tions will build up in amplitude and the admittance spiral will shrink until 
the conductances are equal in magnitude, that is, until point C recedes to 
point D on the shrunken spiral. An evaluation of the ratio of OD to OC 
gives the value of 2J;(X)/X, and hence the oscillation amplitude can be 
determined. 

Oscillations of varying amplitude and frequency are produced con- 
tinuously as one decreases the repeller voltage so as to move from point E 
along the line EF to point F. This whole range of operation is known as the 
33 mode, since the center occurs at 0 = 33 cycles. Similarly, the 27 mode 
of oscillation is produced over the range of transit angles needed to vary the 
electronic admittance from point K to point H. The 13 mode exists for 
transit angles needed to vary the electronic admittance from point M to 
point L. However, oscillations in the 3 mode are not possible since the 
cavity conductance is too large; that is, the cavity is loaded too heavily to 
permit oscillation in this mode. 

A physical description of the buildup of oscillations may also be presented 
with reference to Figure 9.2-4. Suppose the electron beam is suddenly 
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turned on with a set of electrode voltages corresponding to the line ODC. 
At this instant there exists an appreciable range of frequencies for which the 
net conductance is negative and also for which phase conditions are appro- 
priate for positive feedback (note that this is not the frequency range cor- 
responding to the line segment ML, since the latter range holds only for 
sinusoidal steady-state signals). Noise within this frequency range is 
amplified in a regenerative manner and builds up in amplitude. As the noise 
builds up, the negative conductance decreases in magnitude and the fre- 
quency range for regenerative amplification decreases. Finally, a stable 
operating: condition is obtained for which the amplification bandwidth is 
sufficiently narrowed so that the product of the input noise power and the 
amplifier gain is equal to the output signal power. This bandwidth is so 
narrow that it corresponds practically to a single frequency. This descrip- 
tion of oscillator operation is useful in analyzing such quantities as signal 
buildup-time and oscillation line width. It applies not only to the reflex 
klystron but also to all other types of sinusoidal oscillators. 

By means of the graphical procedure described above one can plot curves 
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Fic. 9.2-5 Theoretical output characteristics of a reflex klystron. These curves 
were computed directly from Figures 9.2-3 and 9.2-4, with absolute values chosen so 
as to give results typical of commercially available tubes. 
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of power output and frequency vs. repeller voltage for any tube. Such 
curves are presented in Figure 9.2-5 where parameters have been chosen so 
as to obtain typical operating values. Three modes are obtained. For this 
example, modes of order higher than the 33% mode are not possible, since 
further reduction of the repeller voltage does not increase the transit time 
sufficiently to obtain the next higher mode. It should be noted that lower 
power output is obtained as the mode number is increased. From Equation 
(9.2-9) the gap voltage magnitude A is proportional to X/@. Both X and 6 
increase with increasing mode number, but @ increases faster, so that the 
ratio X/@ decreases. 

The reflex klystron has been the most common microwave tube for many 
years. With the cavity tuned to a nominal frequency, electronic tuning 
over a considerable bandwidth is possible merely by varying the repeller 
voltage. Since the repeller draws no beam current and since the capacitance 
from the repeller to ground may be made very small, the output frequency 
can be modulated by the simplest of electronic circuitry. 

The reflex klystron is frequently used as a local oscillator in a microwave 
receiver; the electronic tuning obtainable is ideal for automatic frequency 
control. It is also commonly used as a laboratory signal source and as an 
FM transmitter frequency-deviator tube. 

The plots of power output vs. repeller voltage presented in Figure 9.2-5 
are typical. As the mode number is increased, wider tuning bandwidths are 
obtained, but the power output is decreased. Since wide tunability is 
usually the most desirable feature, most reflex klystrons are designed to 
operate in high-order modes, typically the 34, 4%, and 5¢ modes. In order 
to obtain large bandwidth, Q; is made quite low. However, the large value 
of G does not permit oscillations in the lower modes. 

Different center frequencies may be obtained by tuning the cavity to 
different resonant frequencies and adjusting the repeller voltage. Cavity 
tuning is often accomplished by mechanical deformation of the cavity size 
using a bellows type of construction. The output power can be controlled 
by changing the beam voltage and current. The beam current can be con- 
trolled independently of the beam voltage if a control grid is included in the 
electron gun. This permits amplitude modulation of the output power. 

An example of a reflex klystron is the WE-449A, shown in cross section in 
Figure 9.2-6. This tube uses an external type of cavity in which the in- 
ductive portion is largely outside of the vacuum envelope of the tube. A 
ceramic window separates the internal and external portions of the cavity. 
This type of construction greatly simplifies the mechanical tuning adjust- 
ment since the tuning adjustment can be made outside of the vacuum. In 
the 449A, this adjustment is made by the use of a plunger in the external 
cavity. The tube envelope is constructed entirely of metal and ceramic. 
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Fig. 9.2-6 WE-449A reflex klystron. This metal-ceramic tube has an overall height 
of approximately 63 cm and has the operating characteristics given in Table 9.2-1. 


The electron gun is of the type shown in Figure 4.5-1(b), which generates 
a relatively high perveance beam of approximately 1 mm diameter. No 
magnetic field is used to prevent space-charge spreading of the beam, since 
the beam travels a relatively short distance. 

The copper grids of the cavity have a geometry resembling the spokes of a 


TABLE 9.2-1. WE-449A OprERATING CHARACTERISTICS 


Frequency range, Mc. ..............-- cece ees 5925-6425 
Beam voltage, volts................. 00 cee eens 450 

Beam current, ma.................. seca eety oud aves 48 
Perveance, amp /volt#?...............0.. 00 cece eee 5.03 X 10-¢ 
Repeller voltage, volts. ...............000 ee eee 75 to 125 
Modes). hans Bois t eo kemaiirs onde Pits a acagalgwgwar 4 23 

Power output, mw..........0.0.000 0.000002 eee eee 125 


Modulation sensitivity, Mc/volt ................. 1.5 
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wheel in order to minimize electron interception. The gap spacing is 
0.58 mm; the gap has a capacitance of 0.3 pf. The repeller electrode is cup- 
shaped in order to refocus the spreading beam so that it will pass through 
the grids on its return. The cavity has a hot unloaded Q, of 135 and a hot 
loaded Q; of 80. 

The operating characteristics of the 449A are given in Table 9.2-1. The 
modulation sensitivity is defined as the ratio: (change in frequency of the 
output produced by a change in repeller voltage)/(change in repeller 
voltage). Greater than 40 mw of power is obtained over an electronically 
tunable bandwidth of 65 Mc. 


9.3 Space-Charge Waves 


Up to this point we have neglected the forces of mutual repulsion of the 
electrons. This has been justified insofar as we have considered low-power 
devices in which the density of electrons in the beam is small. However, - 
in the next section and in further chapters, we shall consider high-power 
amplifier tubes in which the forces between electrons play an important role 
in modifying the rf performance. Therefore, we must study the forces 
which are produced by the bunches of electrons existing in tubes such as 
the klystron amplifier and the way in which these forces tend to modify 
the bunching process. 

In Section 3.4, we have considered the forces due to de space charge in 
electron beams, that is, in beams of uniform charge density with no bunch- 
ing. Also discussed were the means of compensating for these forces using 
uniform or periodic axial magnetic fields or periodic axial electric fields. In 
the present section we shall consider the complementary effects of the rf 
bunches of electrons as a perturbation on the electron motion. We shall 
assume that the beam is confined to a nearly uniform diameter by one of the 
methods described in Section 3.4. It will be convenient to assume that the 
various quantities associated with an electron beam consist of a de part 
plus an rf perturbation due to the electron bunches. In general, we shall 
assume that the rf perturbation is small compared with its de counterpart. 


(a) A Graphic Illustration of Space-Charge Waves 


At this point it may be helpful to consider a graphic illustration of rf 
space-charge forces in an electron beam. Consider Figure 9.3-1. We wish 
to study two successive bunches of electrons as they travel down a drift 
tube at constant de velocity. There is a nearly infinite magnetic field in the 
direction of travel so as to prevent radial excursions of the electrons. For 
simplicity, we shall assume that all the electrons in one transverse plane 
move as a unit, constituting an inflexible disc of charge. This is a good ap- 
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proximation for a thin beam. Although the electrons are moving to the 
right with an average velocity given by the de voltage, we shall confine our 
attention to the relative motion of the discs. Thus, we shall view the 
motion from a frame of reference moving at the average electron velocity. 

In Figure 9.3-1(a) are shown the discs comprising the two bunches at one 
instant of time. Discs D and H are at the centers of a bunch and anti- 
bunch, respectively. Thus, they have a velocity equal to the average 
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Fig. 9.3-1 Oscillations due to space-charge forces in a reference frame moving at the 

de velocity of the electrons. Five successive instants of time are shown, separated by 

an eighth-cycle of the oscillation frequency. Instantaneous velocity vectors are 
shown above the charge discs. 
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velocity of the beam and remain stationary in our frame of reference. The 
center disc of the bunch exerts a repulsive force on the other discs in the 
bunch. Hence, discs A, B, and C are pushed to the left, whereas E, F, and G 
are pushed to the right. 

Evidently the beam acts as an elastic medium, and oscillations of the 
discs in the axial direction will occur. A fraction of a cycle later in these 
oscillations the discs appear as in Figure 9.3-1(b). Discs A, B, and C are 
moving to the left (in the reference frame) and are still being accelerated in 
that direction by the space-charge force of the bunch. At the same time 
dises E, F, and G are moving dnd being accelerated to the right. 

Still later, in Figure 9.3-1(c), the discs have attained a uniform spacing. 
However, they are not stationary in the reference frame. Discs A, B, and C 
are moving to the left, and discs Z, F, and G to the right. Each disc sees 
as much space charge to the left as to the right; hence, the instantaneous 
acceleration is zero, and the discs have all reached their maximum velocity 
in the reference system. This is the instant for which the perturbation of 
charge density is zero; thus the rf components of velocity and charge dens- 
ity are 90 degrees out of phase. 

An eighth of a cycle later, we have the situation depicted in Figure 
9.3-1(d). A bunch is now beginning to form centered about dise H. The 
repulsive forces emanating from the center of this bunch act in such a direc- 
tion as to slow down the motion to the left of discs A, B, and C. Similarly, 
the motion to the right of discs Z, F, and G is also slowed down. 

These electrons are finally brought to rest in the reference frame at the 
instant depicted in Figure 9.3-l(e). At this instant the instantaneous rf 
velocity is zero. The repulsive bunch is pushing to the right on discs A, B, 
and C, and to the left on discs H, F, and G. 

For the next half cycle, the discs retrace their motions in the opposite 
directions, appearing as in Figure 9.3-1(d), (c), (b), and (a), successively. 
After arriving back at the positions in Figure 9.3-1(a), the cycle repeats 
itself. Thus the discs oscillate back and forth in the reference frame in a 
simple harmonic motion about the average positions shown in Figure 
9.3-1(c). 


(b) Expressions for the AC Velocity, Charge Density, and Current Density 


From the preceding discussion, we can write equations describing the 
motion of the charge discs of Figure 9.3-1. Let us assume that the bunches 
are produced by an rf source of radian frequency w at some distance to the 
left by some means such as a cavity gap. Since the beam velocity is u,, 
the bunch spacing is given by 


uo = Do (9.3-1) 
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where Be = w/Uo. 

Let z’ be the axial coordinate in our frame of reference which moves with 
the de beam velocity. We shall assume that the origin is at the location of 
electron disc H (which we have assumed stationary in this reference frame). 
Let w, be the frequency at which the discs oscillate back and forth in the 
reference frame. 

If we assume that the velocity and charge-density perturbations are 
simple sinusoidal variations in both time and position, the behavior shown 
in Figure 9.3-1 may be described mathematically by the two equations: 


p = B cos Bz’ cos(wat + a) (9.3-2) 
u = —Csin 82’ sin(wg + a) (9.3-3) 


where p and u are the instantaneous rf charge density and velocity pertur- 
bations. B and C are positive constants determined by the magnitude of the 
rf perturbation, and @ is a constant which determines the phase of the 
oscillations. The reader may verify that these relations hold for each of the 
instants illustrated in Figure 9.3-1. These two perturbations are seen to be 
90 degrees out of phase in both time and axial position. 

Equations (9.3-2) and (9.3-3) may be written in terms of the laboratory 
reference frame, where z is the axial position, using the relationship 


z2=2' + uct (9.3-4) 
obtaining 
p = B cos(B.z — wt) cos(wet + a) (9.3-5) 
u = —Csin(@z — wt) sin(wet + a) (9.3-6) 
The total charge density and velocity are given by 
Ptot = —Po tp (9.3-7) 
Utot = Uo + U (9.3-8) 


where p. is the magnitude of the electron charge density. Similarly, the 
total current density is written as 


J tot = —J + J (9.3-9) 


where J, is the magnitude of the de current density, and J is the rf perturba- 
tion. We shall refer to this current density in free space as convection cur- 
rent density in order to distinguish it from conduction current density 
flowing in a conductor. The positive direction for this current density is 
taken in the +2 direction. 

The instantaneous convection current density at any point is defined as 
the product of the instantaneous velocity and charge density at that point. 
Thus, we have 


J tot = Prottltot (9.3-10) 
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or 
—J, +J = —Ppollo + UoP — Po + pu (9.3-11) 


We assume that the rf perturbation is small compared with the correspond- 
ing de quantity; hence, the term pu can be neglected in comparison with the 
other terms since it is the product of two small perturbations. Using the 
fact that J. = polo, we obtain 


J = Up — pol (9.3-12) 

The equation of continuity, Equation (1.3-2), can be written for the rf 
perturbations as 

at _ _ap 


32 (9.3-13) 


since J is not a function of the transverse coordinates. From Equations 
(9.3-5), (9:3-6), and (9.3-12), we obtain 


wu = —wB sin(B2z — wt) cos(wa + a) + BepC cos(Be — wt) sin(wgt + a) 
(9.3-14) 

and 

-* = —wB sin(Bz — wt) cos(wet + a) + w_eB cos(Bez — wt) sin(wat + a) 
(9.8-15) 


Equating these last two equations, we obtain 
wgB = BepoC (9.3-16) 


relating the magnitudes of the velocity and charge-density rf variations. 
Using this relation, Equation (9.3-12) yields 


J = u,B cos(Bez — wt) cos(we — a) + “UB sin(6.2 — wt) sin(we@ + a) 
(9.3-17) 
In practical microwave tubes w,/w is small compared with unity, as we shall 


see later when we evaluate wy. Hence, the second term in this equation may 
be neglected in comparison with the first, and we obtain 


J = u.B cos(Bz — wt) cos(wet + a) (9.3-18) 
(c) The Plasma Frequency 


Next, we shall obtain a method for determining «,, the frequency at 
which the space-charge forces cause the electrons to oscillate back and forth 
in the reference frame. In addition, we shall verify the sinusoidal behavior 
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assumed for the rf variations. We shall accomplish this by examining the 
electron motion of Figure 9.3-1 in a more quantitative fashion. 

Our results will be derived for a one-dimensional beam, that is, for a beam 
that is uniform in the transverse direction and infinite in diameter. The 
oscillation frequency for this particular case will be designated w,. Later we 
shall show how the results can be altered to apply to a beam of finite cross- 
sectional area, with or without surrounding metal walls. 

Starting with the case of a beam of infinite diameter, we note that if the 
discs in Figure 9.3-1 are uniformly spaced, as in Figure 9.3-1(c), there is no 
accumulation of charge at any position and hence no net electric field at any 
point. A uniform charge density —p, exists everywhere. Consider a typical 
disc, dise B, and let z.’ be its equilibrium position shown in Figure 9.3-1(c). 
In Figure 9.3-1(d), disc B has moved to a new position z;'. This movement 
produces a charge excess in the region 0 < z’ < 2,’ over that which existed 
when the discs were uniformly spaced given by 


Ag = —po(zo’ — a1’) (9.3-19) 


per unit area of the beam. This excess charge produces a restoring electric 
field at 2’ = z1' given by* 


E, = — 2 Ce! =) (9.3-20) 


Thus, the acceleration of the electrons comprising a disc at any position 2’ 
is given by 


yf 


Pez,’ — 2’) (9.3-21) 


€ Po 
™M &o 


using Equation (1.1-1). This equation has the solution 


2’ — 2. = F cos(wpt + 7) (9.3-22) 
where 
we? = = (9.3-23) 


The frequency corresponding to w, is called the plasma frequency. It is pro- 
portional to the square root of the electronic charge density. This frequency 


‘The rf electric field as used here and in the remainder of this section is an rf perturba- 
tion on the dc electric field. As such, it represents a departure from the equilibrium 
value. Thus, it need not originate on positive charge and terminate on negative charge; 
rather, it originates on a deficiency of negative charge and terminates on an excess of 
negative charge. Some authors present a clearer physical picture by assuming the elec- 
tron beam to be completely neutralized by immobile positive ions, so that rf electric 
field lines may originate on positive charges. This approach is not used here because it 
implies incorrectly that space-charge neutralization by positive ions is necessary for 
these space-charge waves to exist. 
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applies only to a beam of infinite diameter. Practical beams of finite diam- 
eter are characterized by a plasma frequency which is less than w,. This 
lower. plasma frequency is called the reduced plasma frequency and is 
designated w,. F and r are independent of time, but they may be functions 
of z,’, the relative position in the bunch. For example, for 6.2.’ equal to 0 or 
am, F must be zero, since discs H and D are stationary in the reference frame. 
The motion described by Equation (9.3-22) is simple harmonic motion of 
electrons about their equilibrium positions in the reference frame. Let us 
apply this result to the electrons leaving the input gap of a klystron ampli- 
fier. These electrons have a velocity given by Equation (9.1-11) at the exit 

of the gap, 
e 


u(d) = u, + MA 


oO 


sin wt, (9.3-24) 





where ¢, is the time at which the electrons pass through the gap. Since the 
electrons under the influence of the space-charge forces exhibit simple 
harmonic motion, the velocity at a later time ¢ is given by 





Utot = Uo aa sin wl, COS w(t — to) (9.3-25) 


where w, corresponds to the frequency of the harmonic motion as discussed 
above. 

The position of an electron disc is given by the product of the elapsed 
time and the average velocity to that instant. Since the rf perturbation of 
velocity is assumed small compared with the de velocity, the average 
velocity is given approximately by u.. Hence, 


z= udlt — to) (9.3-26) 
This expression may be used to eliminate wt, from the sine term in Equa- 
tion (9.3-25). Thus, we obtain 


A sin(8.¢ — wt) cos(wst — wt) -(9.3-27) 


o 





Utot = Uo — 


This result is identical to that given by Equation (9.3-6), deduced from 
Figure 9.3-1, if we take a = (2/2).—w,f, and w, = w,. Thus, in an infinite 
beam the electrons oscillate back and forth in the reference frame at the 
plasma frequency. In a beam of finite diameter, the restoring forces are 
somewhat weaker, and we shall find that the frequency of oscillation w, 
is less than wy. 

The phase angle a = (7/2) — wyt. is essentially constant for any one 
bunch. This can be shown as follows. Over one cycle of the modulation on 
the beam, and hence over one bunch, ¢, changes by 27/w, and w,t, changes 
by 22w,/w. Since at microwave frequencies w,/w is usually small compared 
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with unity, the total variation in w,f. over a bunch is small. In Figure 
9.3-1 we have presented the results as though a were constant, for simplicity. 


(d) Beams of Finite Diameter 


The results we have derived so far have been derived for an electron 
beam infinite in cross-sectional area. All practical beams are, of course, 
of finite diameter; hence, we should inquire how the foregoing results are 
modified for a finite beam. 

Let us return to a consideration of the forces between discs of charge. 
It will be easier for us to visualize the rf electric field lines if we can have 
them begin on positive charges and end on negative charges.’ Since these 
field lines are due to excess charge (from the equilibrium value) in any 
region, we can picture a deficiency of negative charge in any region as 
positive charge. The electric field lines due to the equilibrium charge 
density —p,. are not considered at all, since the beam is assumed to be 
confined by one of the focusing schemes of Section 3.4. In other words, the 
electric field we shall depict is the difference between the total instantaneous 
electric field and the dc electric field at any point. 

The situation for an infinite beam is shown in Figure 9.3-2(a). The 
negative discs of charge (shown shaded) are clustered around the center of 
the electron bunch. The positive dises (unshaded) are clustered around the 
antibunch. The electric field lines in this case are given by straight hori- 
zontal lines from the positive to the negative discs. 

In Figure 9.3-2(b) the analogous situation is shown for a beam of finite 
diameter. The electric field lines are no longer straight horizontal lines, 
but instead they bow out. Thus, the axial component of electric field at 
any disc is reduced in magnitude. This occurs for two reasons. First, 
the bowing out of the field lines increases the area through which the total 
electric flux passes. Second, the tilting of the field lines means that only a 
portion of the total field exists as an axial component. 

As a consequence of the weakening of the axial electric field, the total 
restoring force on a disc is reduced. Hence, Equation (9.3-20) may be 
written as 


E, = — REL! — 2’) (9.3-28) 
where R? is a number less than unity and is a function of the beam diameter. 


The differential equation of motion (9.3-21) is altered by the same factor, 
and one thus obtains the solution: 


z' — zo. = F cos(Rugt + 6) (9.3-29) 


5See footnote 4. 
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Fig. 9.3-2 RF electric field lines in various beams. Positively charged discs (un- 

shaded discs) are used in regions where the instantaneous electron density is below 

the de value. The shaded discs are negatively charged and represent electron 

densities above the dc value. (a) Portion of an infinite beam in which all quantities 

are uniform in the transverse directions. The rf electric field lines are straight and 

parallel to the direction of electric flow. (b) Beam of finite diameter. (c) Finite 
diameter beam in a drift tube. 


for the finite beam, instead of Equation (9.3-22). R is known as the space- 
charge reduction factor, and we may define the reduced plasma frequency as 


Og = Rw, (9.3-30) 
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All of the results derived for the infinite beam are directly applicable to the 
finite beam. It is necessary only to replace w, by wg. Implicit in this de- 
velopment is the requirement of a strong axial magnetic field so that radial 
excursions of the electrons due to transverse rf electric fields are prevented. 

In Figure 9.3-2(c) is shown the field pattern obtained when the beam is 
surrounded by a metal cylinder. Many of the field lines terminate on 
charges on the metal wall. This further reduces the restoring force which 
tends to bring the discs back to their equilibrium positions. Thus, the 
reduction factor R is seen to be a function of both the beam diameter and 
the proximity of a metal wall. As the wall comes closer to the beam, the 
space-charge forces become smaller, and the frequency of oscillation de- 
picted in Figure 9.3-1 becomes smaller. 
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Fic. 9.3-3 Plasma frequency reduction factor vs. beam diameter for a solid, cylin- 
drical beam of radius b in a concentric, perfectly conducting cylinder of radius a 
(Reference 9.3). (Courtesy of Transactions IRE) 
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Values of the space-charge reduction factor have been calculated for 
various kinds of beams with surrounding metal walls.’ These results have 
been obtained by solving Maxwell’s Equations inside and outside of an 
idealized electron beam, such as we have considered, and matching bound- 
ary conditions at the surface of the beam. Figure 9.3-3 shows the result 
for a solid cylindrical beam centered in a perfectly conducting metal cyl- 
inder. The reduction factor is plotted as a function of 6.b = wb/u., where 
b is the beam radius. a is the radius of the conducting cylinder. Several 
curves are given, each for a different ratio of cylinder diameter to beam 
diameter. Most microwave tubes have beams with 6. in the range 0.5 
to 1.0, so that the reduction factor is typically 3 to 4. 

Let us determine the ratio w,/w for a microwave tube with the following 
properties: 


Beam voltage, volts................-.- 2400 
Beam current, ma..............0.00 0 40 
Beam diameter, mm...............60. 1.3 
Wall diameter, mm................6.. 2.3 
Frequency, Mc..................0506 6000 


We shall describe a traveling-wave tube with these parameters in 
Chapter 10. From these data we obtain: 


Po = 1.04 X 107? coulomb/meter® 


<2 = 0.12 
w& 
Bb = 0.84 
From Figure 9.3-3 we find that 
R = 0.46 
so that 
<2 = 0.055 
@ 


This confirms the previous assumptions that w,/w is small compared with 
unity in a typical case. 

The rf part of Equation (9.3-27) for the instantaneous velocity can be 
written in a more convenient form as 


“us fue cos 6.2 sin(B.z — wt) (9.3-31) 


®Reference 9.3. 
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where we have substituted for ¢ — ¢, from Equation (9.3-26), and we have 
set 
— 
By = Z (9.3-32) 

We use w, here instead of w, so that the results will be applicable to beams 
of finite diameter. Since 8, is much less than 6., Equation (9.3-31) repre- 
sents a wave propagating with a phase velocity equal to the de beam veloc- 
ity and whose amplitude is slowly changing with distance. A plot of this 
equation vs. distance at the instant wt = 2/2 is shown in the upper half of 
Figure 9.3-4. 

The equation for the current density may be obtained from Equation 
(9.3-18) in the same manner. Thus 


1,w,,A . 
J= —3/ My. sin Bz cos(B.z — wt) (9.3-33) 
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. THE ELECTRONS TRAVEL THIS FAR IN 1/4 CYCLE _ | 
“~ OF THE REDUCED PLASMA FREQUENCY 


Fig. 9.3-4 Variation with distance of the rf velocity and convection current density 

for an electron beam which receives velocity modulation from an input cavity placed 

at z= 0. The output cavity is placed at 8,2 = 7/2 to obtain maximum induced 

current. The waveforms are shown at a particular instant of time. The envelopes re- 

main stationary, whereas the sinusoidal waves within move to the right 
at the de velocity. 
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where use has been made of Equations (9.3-6), (9.3-16), (9.3-18), (9.3-31) 
and the fact that a = 7/2 — wg, and J. = Uopo. J is plotted in the lower 
half of Figure 9.3-4 for the instant wt = 7/2. 

From Figure 9.3-4 we note that the velocity modulation magnitude is a 
maximum at the position of the input cavity gap. Beyond the gap, the 
velocity modulation magnitude varies as | cos 8 |, whereas the current 
modulation magnitude varies as | sin 6,¢ |. At a position given by 


Botopt = . (9.3-34) 


the current modulation has become a maximum and the velocity modula- 
tion is zero. This distance may be termed a quarter-plasma wavelength. 
If one were to construct a two-cavity klystron, the output cavity would be 
placed at this distance from the input cavity in order to obtain maximum 
induced current in the output cavity. 

At this point it will be well to note that the foregoing solutions are small- 
signal solutions, albeit space-charge forces are included. By comparison, 
the solutions of Section 9.1(b) are applicable under larger signal conditions 
—limited chiefly by the approximation in going from Equation (9.1-12) 
to (9.1-13) — but neglecting space-charge forces. The more general prob- 
lem of large signal interaction with space charge considered requireS 
elaborate computer calculations for solution.’ 

Thus we have from Equation (9.3-33) the result that with space charge 
at small signal levels the maximum current modulation occurs at the posi- 
tion given by Equation (9.3-34) with a magnitude 

4, _lwMA 

T, 2 wVo 
This may be compared with the results of Section 9.1(b) for a finite signal 
level, but neglecting space charge. From Equation (9.1-24) we have the 
result that the maximum current modulation is given by 


(9.3-35) 


i = 1.16 (9.3-36) 
at a position corresponding to 
wWeVo 
B%opt = 3.68 oMA (9.3-37) 


These limiting results may be compared with the numerical results obtained 
by Webber which include both space charge and finite signal level.* Figure 


Reference 9.4. 
®Reference 9.4. 
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Fic. 9.3-5 Variation of the magnitude of the fundamental component of con- 
vection current with distance from the input gap, as given by computer calculations. 
For a beam of fixed voltage and current, the different curves represent operation at 
different input signal voltages, A. The nonlinear theory, neglecting space charge, de- 
veloped in Section 9.1 predicts a nonvarying maximum value of 1.16 occurring at 
values of the abscissa marked B for five of the curves. The small-signal, space- 
charge theory developed in this section predicts maxima as given by levels marked C 
for two of the curves, occurring at a fixed distance given by one quarter of a reduced 
plasma wavelength. The limits of applicability of the two theories are readily 
apparent (Reference 9.4). (Courtesy of Transactions IRE) 


9.3-5 shows Webber’s calculated plots of the magnitude of the fundamental 
component of current modulation vs. distance from the input cavity for 
various values of the parameter w,V,/wifA, which we have seen appears 
in Equations (9.3-35) and (9.3-37). This parameter may be considered to 
show the variation with input-cavity-signal level A for a given electron 
beam, wherein w,, , Va and M are constant. At small signal levels, Equa- 
tions (9.3-34) and (9.3-35) are seen to hold, whereas, as the signal level is 
increased, the values given by Equations (9.3-36) and (9.3-37) are obtained. 
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(e) Fast and Slow Space-Charge Waves 


The variation of the magnitude of the velocity and current density with 
distance as shown in Figure 9.3-4 has the appearance of a standing wave. 
Alternatively the behavior may be written as the sum of two traveling- 
wave disturbances. Thus, Equations (9.3-31) and (9.3-33) may be written, 
respectively, as 


aa Ju Sin iat 8) aot = Be) (9.3-38) 

and 
y= —ly 2A tsin(wt — Bz) — sin(wt — B.z)] —(9.3-89) 

4 °wq Vo 
where 

By = Be — Ba (9.3-40) 

and 
B. = Be + Be (9.3-41) 


These two traveling waves are known as the fast and slow space-charge 
waves, since their phase velocities are respectively faster and slower than 
the de beam velocity.® 

The fast and slow space-charge waves are two normal modes of excitation 
possible on a constant-de-velocity electron beam in a drift tube. This 
means that each wave may exist by itself, or any combination of the two 
may exist. The input gap in a klystron excites the two waves such that the 
two velocity components are equal in magnitude and phase at the gap, 
whereas the current-density components are equal in magnitude but op- 
posite in phase. The two different phase constants 6; and 8, acting over a 
distance given by Equation (9.3-34) bring the current density components 
into phase and the velocity components 180 degrees out of phase. Thus, 
when space-charge effects are taken into account, the klystron interaction 
principle may be thought of as an interference effect between the fast and 
slow space-charge waves. 

As a final point, let us consider how the two-cavity klystron can be used 
to excite an electron beam with only the slow space-charge wave in the 
region beyond the output cavity. Let the input cavity produce the velocity 
and current-density variations given by Equations (9.3-31) and (9.3-38). 


Strictly speaking, the abscissa in Figure 9.3-3 should be 6,b or 8.b instead of 8,b and 
the space-charge reduction factor R should be computed separately for each space-charge 
wave. However, since 8, < @., little error is introduced by using 6b for this com- 
putation. 
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The output cavity is placed a quarter-plasma-wavelength away, and the rf 
convection current induces current in the cavity. Let us adjust the loading 
of the output cavity so that this induced current produces an output gap 
voltage given by 
Tw : T® er 

—A cos( a = 3 2) =A sin( wt = 5 ae — 5) (9.3-42) 
Note that this requires simply a conductance of proper value for the 
equivalent circuit of the output cavity and load. The velocity and current- 
density variations produced by this second gap voltage alone may be 
obtained from Equations (9.3-31) and (9.3-33) by replacing wt by 


poe 
" 20 2 
and 6,2 by 
Bae — 3 
One obtains after simplification: 
= — sul 4 sin Bgz cos(6.2 — wt) (9.3-48) 
and 
l,w,,A : 
J2 = —sJ.—M= cos Bz sin(B.z — wt) (9.3-44) 
2 “wa Vo 


In the region beyond the output cavity the modulation produced is the 
superposition of the variations produced by the two gap voltages. When 
Equations (9.3-31) and (9.3-43) are added and simplified, one obtains 


uy = —5uM sin(6.z — wt) (9.3-45) 
Similarly, Equations (9.3-33) and (9.3-44) are added to give 
1,0,,A . 
J, = Poy. sin(6,z a wt) (9.3-46) 


Comparing these results with Equations (9.3-38) and (9.3-39), we see that 
we have obtained purely a slow space-charge wave, whose amplitude is 
twice as large as that of either space-charge wave in the drift region be- 
tween cavities. 


9.4 Multicavity Klystron Amplifiers 


Most klystron amplifiers are high-power tubes wherein the rf space- 
charge forces are quite important. Therefore, it is necessary to use the 


338 PRINCIPLES OF ELECTRON TUBES 


space-charge wave theory developed in the previous section to evaluate 
properly the performance characteristics of these tubes. Let us first con- 
sider these relations as they apply to the two-cavity klystron amplifier of 
Figure 9-2. 

The rf velocity and current-density variations between the input and 
output cavities are as shown in Figure 9.3-4. The output cavity is placed 
at the point where the rf current modulation is a maximum, that is, at 
Bz = 7/2. For simplicity, the two cavities are assumed to be identical. 
From Equation (9.3-33) the magnitude of the rf convection current at the 
output cavity is given by 
A 


v; (9.4-1) 


; l,w 

| 12 | = af an 
From the discussion given in Section 9.1(c), the magnitude of the current 
induced into the output cavity is equal to” 

= spo, by Wa A 

[I2| = M\a| = gia, M v; (9.4-2) 

The equivalent circuit of the output cavity is given in Figure 9.1-7, The 
magnitude of the impedance of a parallel circuit of this type can be written 
ast 


pote 
Gr} 1+ sax( 1) 


Gr is the total shunt conductance 

Q: is the hot loaded Q of the cavity 

fo is the resonant frequency 

Af is the departure of the operating frequency from f, 


|Z.) = (9.4-3) 


where 


For the output circuit, 
Gr=G.+tg+ Gr (9.4-4) 


where the symbols are defined in Figure 9.1-7. The output cavity is 
assumed matched to the load for maximum power transfer, that is, 


Gr=Gt+g (9.4-5) 


The results of section 9.1(c) are applicable under the assumption that w, KX w 
and the output gap is short. Under these conditions, the convection current may be 
written as in Equation (9.1-25). 

Reference 9.5. 
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The power delivered to the load is therefore given by 
Pout = 3 | Le? | Ze PG 


1 Ze) I 
= si > | (| — } —— ———_,,—-7 (9.4-6) 
2 
See) Seek Gag or($) 
where G,, is defined in terms of the hot unloaded Q of the cavities; 
Gra=Gt+g (9.4-7) 


The subscript ch is used here to designate “‘(unloaded) cavity hot.” The 
input power is the power delivered to the input cavity by the source. From 
Figure 9.1-8, we obtain 


Pin = $A4°G en (9.4-8) 
The power gain is given by the ratio of Pou, to Pin: 


power gain = me) (Fa Sea ree (9.4-9) 
(2-cav. klystron) 16\ oq} \Vo} Ger’ 1 sae) 


Let us examine the gain expression in detail. The last factor determines 
approximately the frequency dependence of the gain. The power is reduced 
to one half when Af/f, = 1/2Q:, so that the half-power bandwidth is given 
by 


half-power bandwidth = f./Q: (9.4-10) 


Thus the bandwidth varies inversely with the loaded Q of the output 
cavity. However, by virtue of the term 1/G,,2, the power gain is pro- 
portional to the square of the cavity Q’s. Therefore it is possible to trade 
gain for bandwidth by adjusting the cavity Q’s. Normally, two-cavity 
klystrons are designed for maximum cavity Q’s, obtaining maximum gain 
and efficiency and accepting whatever bandwidth is produced. Thus, the 
klystron amplifier is inherently a narrow-band device. 

From Equations (9.3-23) and (9.3-30) we have the following proportion- 
ality: 


2 I, - 
tt & pe & ee (9.4-11) 
Consequently, the term (w/w,)? (I./V.)*in Equation (9.4-7) is proportional 
to I./V.*”. This means that the power gain given by Equation (9.4-9) 
is proportional to the beam perveance, as defined in Section 4.5. Thus 
high perveance electron guns are needed in order to achieve high gain. 
Gains of 10 db or so are often obtained with two-cavity tubes. 
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One way of achieving higher overall gain is to connect several two- 
cavity amplifier tubes, in series, each tube providing approximately 10 
db of gain. The power gain of two identical tubes in series is given by 
squaring the right-hand side of Equation (9.4-9), 


. ¥(=)(#). 1 1 
power gain = -—{ —)( 7) => eer (9.4-12) 
@klystrons)  96\e/ \Ve! Gu E + so) | 


where it is assumed that input and output ports are all matched to their 
transmission lines. A power gain of 40 db might be achieved by connect- 
ing four 10-db tubes in series. 

High gain is achieved in a much simpler fashion using the multicavity 
klystron amplifier. A three-cavity klystron amplifier is illustrated in Figure 
9.4-1. The construction of this tube is similar to the two-cavity amplifier, 
differing solely in the number of cavities. The tube functions in the follow- 
ing manner. The input signal impresses velocity modulation on the beam 
at the input cavity gap. The second cavity is placed a quarter of a plasma 
wavelength away at the position of maximum rf convection current modu- 
lation. The induced current in this cavity produces a voltage across its gap. 
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Fig. 9.4-1 Three-cavity klystron amplifier. 


This second cavity voltage, which is considerably larger than the first 
cavity voltage, impresses velocity modulation on the beam at this point. 
This velocity modulation produces current modulation at the output 
cavity, a quarter-plasma-wavelength away. The rf convection current 
passing through the output cavity produces an induced current in the 
output cavity which causes rf power to be delivered to the load. 
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Thus we see that the three-cavity klystron amplifier is very much like 
two two-cavity tubes placed end-to-end. The basic difference is that the 
output cavity of the first tube and the input cavity of the second tube are 
combined into one intermediate cavity in the three-cavity tube. 

Let us carry out a simplified analysis of the three-cavity amplifier, 
Assume that all three cavities are identical; that is, all have the same 
unloaded Q and beam-coupling coefficient. The intermediate cavity is not 
externally loaded, but the input and output cavities are matched to their 
transmission lines. 

If A is the magnitude of the input-cavity-gap voltage, the magnitude of 
the rf convection current injected into the intermediate cavity gap is given 
by Equation (9.4-1), as for the output cavity in the two-cavity tube. The 
induced current in the intermediate cavity is given by Equation (9.4-2). 
The magnitude of the gap voltage produced by this current is given by 


Vg |e (9.4-13) 


where Q, is the hot unloaded Q of the cavity. This voltage produces a 
velocity modulation on the beam, which is converted into an rf convection 
current at the output cavity of a magnitude given by Equation (9.4-1), 
with A replaced by | Vz |, that is 


Ck oa sere (9.4-14) 


The current induced in the output cavity is / times this value. The power 
delivered to a matched load is given by 


M? | 13 |? 1 
BGen yy 4Q; (Zz) 


which, together with the expression for |7s|, becomes 





Pou = (9.4-15) 


Pout = ia) (Z Vea = <a —$—- (9.4-16) 
“Ha + at) 1+ s0e(F) 
The input power is given by Equation (9.4-8), so that the gain is 
power gain = m=) (Fae Tig a Be at a 
(3-cav. klystron) 64\ 0g) \Vo} Gent 1 + 4Q,; (2 ) 1+ 40; (Z ) 
‘ & 4-17) 
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Comparing this expression with Equation (9.4-12), which gives the gain 
of two two-cavity tubes in cascade, we note that the three-cavity tube has 
four times as much power gain at midband. However, we note that it also 
has less bandwidth by virtue of the fact that Q. = 2Q:. If we were to 
load the intermediate cavity by an external load so as to obtain Q, instead of 
Q. for this cavity, the two expressions for gain would be identical. For 
applications where bandwidth is not important, the higher gain made pos- 
sible by using an unloaded intermediate cavity is a distinct advantage. 

Still higher gain may be obtained by adding additional intermediate 
cavities. Multicavity klystrons with as many as seven cavities are com- 
mercially available, although the most frequently used number of cavities 
is four. Each of the intermediate cavities functions in the same manner as 
in the three-cavity amplifier. Gains of greater than 60 db are obtained when 
the cavities are synchronously tuned, that is, all tuned to the same fre- 
quency. However, often multicavity klystrons are operated with their 
cavities stagger-tuned so as to obtain greater bandwidth at some reduction 
in gain. This is analogous to the well-known design of wide-band IF 
amplifiers, wherein each stage is tuned to a slightly different frequency so as 
to improve the overall gain-bandwidth product. High-power klystron 
amplifiers with 40 to 50 db of gain and bandwidths equal to several per cent 
of the midband frequency are commercially available. 

In high-power klystrons the cavity grids are omitted, since they would 
burn up due to beam interception. The beam-coupling coefficient in this 
case is given by a more complicated expression than Equation (9.1-10), 
but otherwise the interaction is unchanged. 

Figure 9.4-2 shows two photographs of the Varian Associates VA-849,” 
which produces an output power of 24 kw CW (continuous wave). A cross- 
sectional drawing of the tube is shown in Figure 9.4-3. The tube can be 
purchased with cavities tuned to operate at any center frequency in the 
range 7125 to 8500 Mc. It is about 45 cm long and weighs 14 pounds. 
Figure 9.4-2(b) shows the tube in place in its electromagnet. The magnet 
weighs 200 pounds and dissipates a power of 1520 watts. It provides the 
axial de magnetic field for focusing the beam. 

The operating characteristics of the VA-849 are given in Table 9.4-1. 
The tube has four cavities, each with a cold unloaded Q, of about 5000. 
Data are presented in the table for the synchronously tuned situation and 
also for the case when the third cavity has its resonant frequency tuned 
higher. The cavity gaps are equally spaced by a distance corresponding to 
approximately one ninth of a plasma wavelength. This spacing, rather 


12Reference 9.6. 
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than a quarter-plasma, wavelength, is used in order to increase the band- 
width and efficiency of the tube. The data given in Table 9.4-1 demonstrate 


TaBLE 9.4-1. VA-849 OpERATING CHARACTERISTICS 


Frequency range, Mc................... 7125-8500 

Tuning range, Mc...................005 60 

Beam voltage, kv............... cee eee 23 

Beam current, amps.................04 2.7 

Perveance, amp /volt??.................. 0.77 X 10-* 

Beam diameter, mm.................... 2.8 

Synchronously Third Cavity 
Tuned Detuned 

Saturated power output, kw............. 18 24 
Drive power, watt...............00e eee .08 1 
Gain, db: a3 6.08 jaie snare ne puna otekew diane 54 43 
Bandwidth (3 db), Mc.................. 18 30 
Electronic efficiency, %...............-. 29 38 


that judicious staggering of the cavity resonant frequencies not only in- 
creases the bandwidth but also increases the electronic efficiency, where 
electronic efficiency is defined as the ratio of rf output power to the de 
beam power. The reason for this increase is beyond the scope of this text, 
but it is an extremely important attribute of the multicavity klystron 
amplifier. The collector is operated at the same voltage as the cavities and 
drift regions. 

In summary, klystron amplifiers are characterized by high gain, very 
good efficiency, and freedom from oscillations. On the other hand, their 
bandwidths are relatively small. In addition, the phase shift through the 
tube is directly related to the beam velocity; thus, high regulation and low 
ripple are required in the beam voltage power supply to avoid undesirable 
phase-shift variations. 


PROBLEMS 


9.1 It is proposed to construct a two-cavity klystron amplifier which will amplify 
a 1-volt, 1000 cps signal. The input signal is applied directly to the grids of the input 
cavity to modulate a 100 electron volt electron beam. Explain why such a tube 
would be impracticable. 


9.2 A two-cavity klystron is to be designed to operate as a harmonic generator. 
The distance between cavities may be varied so as to optimize the induced current 
for the desired harmonic. Calculate the magnitudes of the harmonic currents in- 
duced in the output cavity for second, third, and fourth harmonic operation. Com- 
pare these values with the magnitude of the fundamental induced current used for 
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two-cavity amplifier interaction. The cavity gap dimensions remain fixed; the gap 
transit angle is 7/2 radians for the fundamental frequency. 


Ans.: Io/T, = 0.581, [s/f = 0.248, 4/1 = 0. 


9.3 The primary beam current passing through the cavity of a reflex klystron is 
I, amps. If the tube is operating in the 1} mode and generating power at the hot 
resonant frequency f, of the cavity (i.e., the resonant frequency when beam loading 
is included), show that the average amount of charge present in the region between 
the cavity gap and the repeller is given by —7I o/4fo. 


9.4 The repeller electrode of a particular refiex klystron is planar and parallel 
to the grids of the resonant cavity, so that the electrons between the gap and the 
repeller experience a uniform retarding field. Voltages are applied as in Figure 
9.2-1. The voltage V zo is such that the electron transit angle 0, is equal to (n + #) 
Qn. 

(a) Show that if an incremental voltage AV x. is added to the voltage Varo, the 

incremental change in transit angle is given by 


Aw AVro 
a= a Wo ~ Vo+ | 


(b) Using Figure 9.2-4, show that Aé is also given by 


Aw 

Ad = — 200 

(c) Show that if Q; is large compared with 4, 
ep 28, 3)qAVno_ 
tor Dry, + Varo 


9.5 Does the plasma transit angle 8,L between cavities vary with frequency? 
Here L is taken to be the distance between cavities. Explain. 


9.6 An electron beam, confined to flow in the z direction by an infinite magnetic 
field, completely fills a perfectly conducting metal cylinder. 6.b = B.a = 1. Space- 
charge waves exist on this beam as given by Equations (9.3-31) and (9.3-33). Ata 
point where the ac component of convection current is zero (i.e., at B,z = nm), the 
diameter of the metal cylinder is abruptly doubled. Assume that the dc beam veloc- 
ity remains unchanged through this discontinuity. At the discontinuity, con- 
servation of kinetic energy dictates continuity of the ac velocity, and the ac con- 
vection current is always continuous at a discontinuity where there is no beam 
interception. 

Find the ratios of the maximum values of ac velocity and convection current of 
the second drift region to the corresponding quantities of the first. Use Figure 
9.3-3 to determine the space-charge reduction factors. Ans.: 1.0, 0.7. 


9.7 A pure slow space-charge wave results in the beam beyond the output cavity 
when the output gap voltage is given by Equation (9.3-42). 
(a) What is the value of output circuit conductance which results in this voltage? 
(b) Show that a negative conductance of the same value results in a pure fast 
space-charge wave beyond the output cavity. 
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These results demonstrate that a slow space-charge wave is excited by extracting 
rf energy from an electron beam, whereas a fast space-charge wave is excited by 
adding rf energy to an electron beam. 


9.8 A three-cavity klystron amplifier is designed to operate at a midband fre- 
quency of 9 Ge. Assume gridded gaps of 1.27-mm separation and that cavity losses 
are negligible. The beam voltage is 5 kv, and the beam current is 1 amp. The beam 
diameter is 5.08 mm, and the space-charge reduction factor R is equal to 0.6. 

(a) Show that the midband gain is equal to 69.3 db. 

(b) What is the distance between cavity gaps? 


9.9 The gain-bandwidth product of an amplifier is defined as the product of the 
midband voltage gain and the half-power bandwidth. In the case of a klystron 
amplifier, the voltage gain may be taken as the square root of the power gain. 
(a) Obtain an expression for the gain-bandwidth product of two two-cavity 
klystron amplifiers in series from Equation (9.4-12). 

(b) Obtain an expression for the gain-bandwidth product of the three-cavity 
klystron amplifier from Equation (9.4-17), and compare with the result 
for part (a). 


9.10 Derive an expression for the power gain of a four-cavity klystron amplifier. 
Ail cavities are spaced a quarter-plasma wavelength apart. The two intermediate 
cavities have no external loading, but the input and output cavities are matched to 
the external circuits for maximum power transfer. 


9.11 A two-cavity klystron amplifier is made into an oscillator by feeding back 
some of the power from the output cavity into the input cavity. The feedback 
factor (the ratio of input-cavity-gap voltage to output-cavity-gap voltage) is 
De-i*, where D and ¢ are real numbers varied to change the frequency of oscillation. 
Neglect any cavity loading caused by the feedback path. The load is matched to the 
output cavity for maximum power transfer. The spacing between cavities is 
assumed to be a quarter-plasma wavelength for all frequencies of interest. 

(a) Sketch equivalent circuits for both cavities, labeling voltages, currents and 

impedances in the conventional manner. 

(b) Using the space-charge wave equations, find the ratio of the phasors rep- 

resenting the input-gap voltage and the current induced in the output cavity. 

(c) From. the equivalent circuit and the results of part (b), find the ratio of the 

phasors representing the two cavity-gap voltages and equate this to the 
ratio given by the feedback factor. 

(d) Taking the real and imaginary parts of the result of part (c), obtain two 

equations relating w, g, and D. 

(e) Eliminate D between the latter two equations and obtain ¢ as a function of 

®, w,, and the cavity parameters. 
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